
turbulence model is tested with each wall treatment inside the same family. Some wall treatments are avoided 
for the k-ε such as Standard Wall Functions or Enhanced Wall Treatment, the first for not being a Mesh-
insensitive treatment and the second for causing solution instability when the turbulent Reynolds number is 
around 200 at the boundary layer (Ansys, 2021). All simulations are tightly converged to a continuity and other 
residual values of at least 10-5 with the exception of the mesh optimization test with fewer nodes, that are 
impossible to converge and stabilized around values of 2~4 ·10-5. 

Table 3: Turbulence models and wall treatments tested for the simulations 

Family Turbulence model Treatment 

k-ε 

Standard Scalable Wall Functions 
RNG Menther-Lechner 

Realizable 

k-ω 
SST Default treatment 

Low-Re corrections 

2.2 Semi-empirical models 

The CFD simulations are compared with classical semi-empirical correlations. Those methods take into account 
the hydraulic diameter of the annular tube (outer tube of the heat exchanger) for the estimation of its pressure 
drop. Rothfus et al. (1950) proved that these methods tend to underestimate the Fanning Friction Factor of the 
system and proposed the use of a correction factor: 

𝑓2 =
𝑅𝑖

2 − 𝑟𝑚
2

𝑅𝑖(𝑅𝑖 − 𝑟𝑜)
𝑓 (1) 

where 𝑟𝑚 is the radius at which the velocity is maximal. 

3. Mesh optimization results

The mesh optimization was performed by using the k-ε Standard with Menther-Lechner treatment for the k-ε 

family and the k-ω SST with default configuration for the k-ω family. For the optimization, various parameters 
are changed: the number of divisions around the perimeter of the pipes, the inflation layers as well as its growth 
rate, and the element size of the nodes. Table 4 shows the different meshes tested for the k-ε model, similar 

configurations are tested for the k-ω model. The computational time has to be taken into consideration when 
selecting the mesh. The final mesh obtained is the one providing more accuracy with the fewer number of nodes 
possible. After performing the simulations, the clue values such as pressure drop and Output Temperature are 
extracted and compared.  The pressure drop for the k-ω SST model are shown in Figure 2. 

Table 4: Mesh configurations tested for the k-ε model 

Number of 
divisions 

Element Size 
(m) 

Inflation 
layers 

Growth 
rate 

Number of 
Nodes 

50 0.006 5 1.2 1,003,879 
150 0.003 5 1.1 2,322,692 
200 0.002 5 1.1 3,974,133 
200 0.002 10 1.1 5,402,484 
200 0.002 12 1.1 6,669,440 

235 0.00175 10 1.1 7,073,405 
200 0.002 15 1.1 7,710,581 
250 0.0015 10 1.1 8,583,650 

With the data obtained from the mesh optimization (Figure 1), it has been concluded that 200 divisions, element 
size of 0.002, 12 inflation layers and growth rate of 1.1 are sufficient for the set purpose. The considered mesh 
for the following simulations is the one with 6.7·106 nodes highlighted in Table 4. Figure 1 shows that although 
there is a trend to results stabilization with increasing number of nodes, different number of inflation layers can 
give very different results due to the difference in orthogonal quality between them. 
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4. Results and discussion

When conducting the simulations, the temperature profile is assumed to develop rapidly along the tube, and 
that a constant temperature profile at the inlet should not have a great effect on the overall heat transfer 
coefficient (U). To prove this hypothesis, a series of simulations are performed, where fully developed 
temperature profiles extracted as a result from previous iterations are used as input values in the inlets of the 
simulations. Figure 2 shows the results comparing, three cases for the k-ε RNG with scalable wall functions: 
first simulation (1st) with constant profiles on inlets and outlet, second one (2nd) with fully developed profiles of 
velocity and pressure at the inlet and outlet, and the third (3rd) with fully developed temperature and velocity 
profiles at the inlet and pressure profile at the outlet. 
Results from the simulations show no improvement in the solutions when fully developed temperature profiles 
are used, rather the opposite. All simulations tend to overestimate the overall heat transfer coefficient (U) with 
respect to the empirical values with a relative error of up to 11.34 % with respect to the mean empirical value in 
3rd case. As for pressure drops, this model seems to fall between the empirical correlations of Sinnot et al. 
(2012) and the estimation of the Fanning Factor by using Colebrook’s equation. All in all, simulations provide 

good approximation if considering that empirical correlations differ from one to another with around 5 % of error 
for U values and 8~24 % for ∆P. With those results, the rest of the simulations are performed by using only fully 
developed velocity and pressure profiles. The comparison between the studied turbulence models and the semi-
empirical results for pressure drop and overall heat transfer coefficient (U) are depicted in Figures 3 and 4.  

Figure 1: pressure drop for the k-ω SST model. The numbers above the dots are the number of inflation layers 

Figure 2: Comparison between three simulations with different input profiles at the boundaries. a) overall heat 

transfer coefficient b) pressure drop 

In the case of the k-ε family, results show a major dependence on the wall treatment used that on the turbulence 

model itself. It also has to be taken into account that the classical equations used tend to overestimate pressure 
drop and underpredict the overall heat transfer coefficient for engineering purposes, as they use conservative 
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coefficients for the estimates. Velocity profiles at the outer tube are found to match the form of those found by 
Rothfus et al. (1950) for annular tubes. For pressure drop, classical correlations differ from one to another 
significantly: 24 % in the case of Serth (2007) compared with the corrected Colebrook friction factor equation. 
Sinnot’s (2012) results are more conservative, differing with 7.8 % error from Serth’s (2007) and 14 % from 

Colebrook’s equation. With these considerations, it cannot be stated that there is a bad result for the CFD 
simulations, as each model follows one or other empirical correlation. Scalable Wall Functions are the ones that 
most differ from the mean value and tend to underestimate the pressure drop of both pipes, yielding results 
close to the ones found by the Colebrook equation corrected by Rothfus et al. (1950) in a non-isothermal regime. 
k-ω SST model seems to give intermediate results compared with other methods. Compared to the average 
semi-empirical value, k-ω SST with default settings has performed within a maximum of 16 % of relative error 
for the inner pipe and 2.4 % for the outer pipe. Low Re treatment for k-ω SST yields 11 % error in pressure drop 
with respect to the mean for both pipes.  

Figure 3: pressure drop comparison between empirical equations and CFD (∆Po outer tube and ∆Pi inner tube) 

Figure 4: overall heat transfer coefficient comparison between empirical equations and simulations 

All CFD results for pressure drop are valid, as they all seem to follow empirical data: Scalable Wall functions 
reproduce Colebrook’s equation for the friction factor with k-ε Standard being the one with less relative error 
(~4.1 %). Menther-Lechner treatment as well as Low Re k-ω SST follow Serth’s (2007) correlations with up to 

2.0 % relative error in the inner pipe and 0.87 % error in the outer one for the case of the k-ε RNG model. While 
being less accurate at predicting pressure drop (at least in the case where they are combined with the k-ε 
Realizable model), Scalable Wall Functions give a far superior performance than other methods when 
estimating heat transfer in these simple geometries: k-ε Standard had a 9.8 % error, k-ε RNG 11 % and the k-ε 

Realizable model predicted U values with an accuracy of 7.1 %. SST k-ω models are found to be a good tradeoff 
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in accuracy between pressure drop and heat transfer but further simulations with different velocity inlet values 
found a correction factor of ~0.7, which is advisable when estimating the U value. 

5. Conclusions

CFD methods have proven to be accurate at predicting simple heat exchanger geometries. They differ from one 
to another with similar errors as the classical correlations do between themselves. Scalable Wall functions 
combined with k-ε models provide results similar to classical equations for heat transfer between two concentric 
pipes, with up to 7.1 % accuracy. For pressure drop, they slightly underestimate the Colebrook corrected 
equation results with errors up to 16 % in the case of k-ε Realizable. The k-ω SST model offers the more 
balanced result as far as pressure drop goes, giving 2.4 % error with respect to the mean empiric value for the 
outer tube, and 11 % error for the inner tube is found with the Low Re configuration. When estimating U values, 
a correction factor of around 0.7 is found to be accurate for this geometry. More complex configurations can rely 
on the used models to properly predict the global parameters of heat-exchangers. With each method having its 
strengths and weaknesses, a correction factor can then be found to account for them in general cases. With 
these results, more simulations are to be made to prove the performance of the turbulence models tested in 
more complex geometries and flow regimes. It has been proven that for this heat-exchanger configuration, CFD 
codes are capable of predicting design variables as well as classical correlations. 

Nomenclature

f -Fanning Factor 
f2 -Corrected Fanning Factor 
L -Pipe Length, m 
ri -Inside radius of the inner pipe, m 
Ri -Inside radius of the outer pipe, m 
rm -Radius where the velocity is maximal, m 

ro -Outside radius of the inner pipe, m 
Ro -Outside radius of the outer pipe, m 
U - Overall heat transfer coefficient, W/(m2·K) 
∆Pi -Inner tube pressure drop. Pa 
∆Po -Outer tube pressure drop, Pa 
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